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The numbering of the pages follows that of the first edition, Clarendon Press,
Oxford, 1996. The numbering of the lines within each page 1s so that displayed
equations are counted in a different line from the one just preceding them.

p- 3 L. 1. Replace “if S is” with “if s 1s”.

p. 6 1. 4. Replace “p < o7 with “p < ¢”. Otherwise, on 1. 8, t[o may be
undefined.

p- 7 1. -9, -8. Delete “and T3 UTs # §”.

. 9 1. 4. The proof of (iii) can be simplified: Replace the first 3 paragraphs with:

Let A and B be countable subsets of Q with A << B. Since AU B is
countable, there exists ¢ < wy such that a; = 0 (7 > o) for all o =
(a¢ 1 { <wq)in AUB. Let 3 be defined as in the proof of (i), i.e., 5, =1
if there exists a witness « € A with a; = 1 and a7 = F|7, and 3, = 0
otherwise. Set v, = 1 and v, = 3; (7 # 7). Clearly, y € Q and A << .
Notice that if 7 <wy, - = 1 and a € A is a witness, then d(a,y) > 7.

i)

In the last paragraph, replace each mention of 3 with 7, and “By the claim,
[...] §(er,y) > 7.7 with “Take o € A with §(«,y) > 7.7 Similarly, replace
“By the claim again, [...] §(e,v) > p.” with “Take a € A with §(«,7) >
p.”

If these replacements do not take place, notice the typo on 1. 13: “Necessarily
T < 07 should read “Necessarily 7 < ¢”. It is easy to check that 7 as defined
in the book, and as defined here coincide. But the inductive definition is easier,
and had already been used anyway.



p- 10 1. -1 and p. 1 1. 1. The (X1, Ry )-pregap described in the text is not a gap.
This description is not correct, anyway. Taken literally, the sequences indi-
cated are just 39 and a(®) themselves, although it seems clear that the
intention was to define two sequences which §(9) interpolates. Woodin indi-
cated 2 possible corrections, and a proof from CH:

(1) First, the proof under CH (Compare with the proof of Proposition 1.17):
Let S = {0,1}<%1. To each a € S we assign an interval I, inside Q as
follows: Iy = Q. Given a € S such that I, + @, pick p € I, and set
Iop~0 = I N (=00, p) and Io~1 = I, N (p,o0). For a € S with lenght /()
a limit ordinal such that /3 is defined for each § a proper initial segment
of a, set I = Npci(aylaly- An easy inductive argument using that Q is
an 71-set shows that [, is defined and nonempty for each o € S.

For f € S ={0,1}** let Iy = Nycw, If]p. Suppose I; is empty. Let

Ar={aeQ: forsome r <wi, o << If;},
By = Q\ Ay.

Then (A, By) is a gap in Q. Notice that at most ¢ many of these gaps
are (0,87), (Nq,0), (Ng,N1) or (X1, Ng)-gaps. Also notice that for at most
|Q| = ¢ many functions f it is the case that Iy # @. Since CH holds,
¢ < 2% = |{0,1}*1], so there is at least one f such that I; = @ and
(Af, By) is an (Rq,Nq)-gap in Q.

(2) A general construction, which will be useful elsewhere: Recall that Q =
U{ Qo : ¢ < w;y} is the union of an increasing chain of a-sets. We use
the following:

Claim 1 If A is limit, for any o < v € Q) there is a gap (A, B) in Q)
and a nontrivial interval I C Q such that o << A << I << B << 7.

Dem. Define inductively a strictly increasing sequence (o, : 7 < p) and
a strictly decreasing sequence (v, : 7 < p) of elements of Q, such that

1. o< ag, v0 <7;
2. whenever 7,1 < p, @7y < Yo}

3. the sequences (o, : 7 < p)and (5, : 7 < p), where o, (respectively,
77) is the last ordinal g such that o, = 1 (respectively, v, = 1), are
strictly increasing.

Keep the construction until a stage is reached where it cannot be contin-
ued. It is clear that this stage p is a limit ordinal, and that p < A. Let
A={a,:7<p}, B={7y::7<p}. Define § as in the proof of Propo-
sition 1.9(i). Set 8§ = 35 (§ #A), fs = 1, and 87 = Bs (0 # A\, A+ 1),
By =034 =1 Then A<< (6", 8*) << B. O
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i)

i)

An easy induction using the claim gives a sequence of nested intervals
(I; : 7 <wy) such that I N Qur; =0 (7 < wy). Set

A={aecQ: forsome r <wy, a << I},
B=Q\A.

Then (A, B) is an (Ry,N1)-gap in Q, for if A << f << B, then f €
Q\U{Qur : 7 <wi }, a contradiction.

(3) A specific example: Let o = (1010...), or more generally, any ele-
ment of S which cofinally often takes the value 0 and the value 1. Then
((—o0, @) N Q, (a, 00) N Q) defines a gap in Q. Tt is an (Ry, Ry )-gap, be-
cause the supremum (or infimum) of any countable sequence in Q takes
eventually the value 0.

.15 1. 5. Replace “at most” with “strictly less than”.

. 15 11. 14, 15. Replace each appearance of Sy, S; with Iy, I, respectively.

. 15 1. -12. Replace “C” with “2”.

.15 1 -11. Add “Let T ={a:aloc €T (0 <I(a))}.” Replace “I" with “T”
. 15 1. -8. Replace “T” with “p.

.16 1. 17. Add a reference (the Notes at the end of the chapter do not talk

about this point), e.g: “See Fuchs (1963) for a proof of these equalities.”

Actually, the only one which is not immediate is |2| = *t — 27, It is easy
to see that this follows once |x| > 0 is established. But 2|z > 0. Now:
2()z] AO0) = 2|z| A x| A0 = || A0, so |£] AO =0, and |z| > 0, as wanted.

. 17 1. -5. Replace “(z,y € G)” with “(z,y € G\ {0}, z+y #0)”.
. 17 1. -3. Replace “z,y € Gt” with “z,y € Gt \ {0}".

.19 1l. -11, -10. This is wrong. A countable, well-ordered subset of R does not

necessarily have “the form { s, : n € N } for an increasing sequence (s,)”;
the set {—1:n € N} U {0} is a counterexample. In fact, any countable
ordinal & < wy can be the order type of a well-ordered subset of R (and any
such subset must be countable).

- 20 1. 13. This is false as stated. It is true if F(1) is replaced with §(), or if

k¥ = k: under CH, this last condition holds whenever Ry < k < .

. 20 1. 15, 16. Replace “k” with “s > w”. l only mention this because it is used

in the proof of Theorem 5.9, which requires extra-hypothesis to hold.



i)

i)

. 20 1. 18. The mistake in the proof occurs in the equality £*° = . This is not

necessarily true, and x = N, is a counterexample. Thus, the proposition is
false, for example, if ¢ < R, and S = w,,.

. 23 1. 5. Add “Without loss of generality, (z,1) > 0.”
. 23 11. -15, -14. Replace “f €” with “f — h, €”, and “g €” with “g — h, €”.

. 30. The proof of Proposition 1.41 is incomplete in an essential way. The problem

appears quite early, on 1. 3, where the map ¢ is defined. It is not clear that
¢ exists, since it is not clear that i) must be ‘completely’ isotonic (in the
obvious sense).

On 1. 8 it seems that the condition f; < f, should be added, to ensure
that I, as defined on 1. 12, is nonempty. Even if this follows from the
other assumptions (| am not sure it does), its insertion as an extra clause is
harmless, and actually clarifies what the construction intends to accomplish.

On 1. 15, “by f,.” must be replaced with “by ¥ (f5).”
Onl. 18, theset {v(f): f € AU B} is simply v(Gy).
On 1. -10, “no isotonic” must be replaced with “ no completely isotonic”.
The following proof of the proposition, as stated, was provided by Woodin:

Since cof S > Ny, it is easy to see that there is an isotonic map from
S = {0,1}** into F(R,S)*. By Theorem 1.39(iv), F1)(R,T) is a B1-set,
and there is an isotonic map from it into Q, by Theorem 1.13. Thus, in
order to prove the proposition, it suffices to show that there is no isotonic
map from S into Q.

Toward a contradiction, suppose there i1s one. Let Q* be the subset of
S obtained by adding to Q all the functions filling (X1, ®;)-gaps of Q.
It is easy to see that Q¥ itself does not have such kind of gaps. Write
Q" = U{Q!:0 < w;i} as a union of a chain of «;-sets; this is possible
because Q* embeds into Q. Now a contradiction is easy to obtain: Exactly
as in the second of the proofs of Proposition 1.11(ii) shown above, two
sequences (ap : ¢ < wy) and (by : ¢ < wy) of elements of Q* can be
defined such that, letting

IO':(aO'abo') (O'<(.d1),

(I, : 0 < wy ) is a nested sequence of intervals and I, N Q% =0 (0 < wy).
Let f € Q* interpolate the gap ({as : 0 <wi },{bs:0 <wi}). Then
FeQ*\U{Q::0<wi} =0, a contradiction.

p- 32 1. 1. Replace “semi-n;-group” with “divisible semi-7;-group”.

p- 33 1. -10. Replace “G' = (Rg, 1)” with “0(G) = (N, 1)”.
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. 53 1. -1. Replace “|K| = |G| = |T| = N3.” with ©

. 39 L. -9. Replace “a € InvK” with “a € InvK#”.
. 43 1. 10. Replace “K’ with “IF”.
.43 1. 11. Replace “ca;b;” with “ccasb,”.

. 44 1. -1. Since the elements of B have not been realized as functions, it does

not make sense to claim that “But, for each # € S| necessarily f(z) = b(z),
and so S << w(b— f).” This can be easily fixed, though; just replace this
sentence with:

For z € S, fix a € A with ¢ = w(b—a). If u = w(f —a) < x, then
f(u) = a(u) (by definition of f), contradicting the definition of u. So
w(b—f) > min(w(b —a),w(f— a)) = z. Hence, S << w(b— f).

. 47 11. 10-18. Proposition 2.6 does not apply directly, since it is a result on

real, not complex, fields. But the argument shown can be slightly modified
to give the wanted result: Let C' = BN R, where R is the real closure of
§ inside the quotient field of B. It is easy to check that C is a valuation
algebra. The argument in the book now applies to §, (' instead of A, B,
giving that § is real-closed.

. 48 1. -8. The statement is slightly inaccurate, since p(a) = 0 and p(b) = 0 are

possible (if, say A has a maximum or B a minimum).

. 50 1. -14. Replace “Then the” with “Then, in particular,”.
. 51 1. -5. Replace “R x G x R” with “R x G x R”.

. 52 1. 1. The wording is a bit loose, since, if ‘interval’ is just intended to mean

‘(open) convex' (as defined on p. 5), the statement may be false. To fix it,
it suffices to replace “interval in I'x” with “interval (s,t) € T'x (for some
s, tel)”.

. 52 11. 3-5. Add “(At least under CH.) See also Corollary 2.35”.

. 53 1. -11. Replace “Ny” with “N, - ¢”. Notice that if ¢ > No, the proposition

as stated is trivially false.

K| = 1G] = [T = R,
if Xz > ¢. Otherwise, obviously |K| = ¢.” The mistake lies not in this
Proposition itself, but in Proposition 1.28(i), where, as remarked above, extra-
hypothesis are required to warrant the result.

. 54 1. 6. Replace “Theorem 2.27” with “Theorem 2.17”.

. 54 11. 12, 13. Replace both ocurrences of “s” with “s”, or something similar.

Recall that s was already introduced (in the previous paragraph) as v(a).
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. 55 1. -16. Replace “R” with “R”.

. 56 1. -4. Replace “p < ¢” with “|p| < ¢”. A priori, any p < ¢t can be realized

as the length of such a chain.

. 58 1. 1-4. This is a strange remark, because obviously in the absence of CH,

there are no real-closed 7;-fields of size ;.

. 58 1. -2. Replace “29)” with “29”.
. 64 1. 4. Replace “S,” with “{0,1}°”.

. 67 1l. 7-13. This argument must be modified since, as already pointed out,

the proof of Proposition 1.41 given in the book is essentially incomplete. The
alternative argument shown here can be used instead:

Let (s : 0 < wy) be a strictly increasing sequence of elements of G, and
define ¢ : S — R™* by setting for a = (ag:0 <wy) €8, ¢¥(a) to be the
function with support contained in { s, : ¢ < wy } such that ¥(a)(ss) = as
(¢ < wy). Notice ¢(a) € R since it belongs locally to R*. Then 4 is
isotonic, and if there 1s an isotonic map from R into R, then there is one
from S into Q (because Q and R are isomorphic as ordered sets). But
this is impossible, by the (new) proof of Proposition 1.41.

. 70 1. 16. Replace “is isomorphic to” with “isisomorphic (as an algebra) to”.
. 75 1. -1. Replace “mp(f')” with “mp(f)”.
. 78 1. -15. Replace (twice) “C'(®4)” with “C'(P4,C)”.

.79 1. 7. Maybe “character” should be replaced with “real character”. For-

mally, a character is a non-zero complex algebra homomorphism with range
C. (In Chapter 2 both real- and complex-valued characters where defined,
but in page 78 only the complex case is mentioned.)

. 80 1. 17. Replace “4.20(iv)” with “4.20(v)”.

. 80 1. 19. Delete “so, by (iii),”, since the statement that follows is actually part

of (v).

. 80 1. -8. This is false. The following is a counterexample:

Let © = NU {0}, so C(2) = ¢ in the notation introduced on page 69.
Let U be a free ultrafilter on NN, and set

P={fe€c:Zn(fIN)eU}.

Then P is prime and non-maximal. Given f,g € ¢, mp(f) = np(g) iff
f(oo) = g(OO) and f ~y g. Hence,

e/P 2R X (co/U),



where co /U is the image of ¢q inside RY/U. Thus, Mp = (co/U) N K% =
co/U (more exactly, its image inside ¢/ P).
We claim that if co/U is cofinal in K%, then U is a P-point (i.e., p is,
where p € SN\ N is the point corresponding to U.). In effect, suppose
that whenever 0 < f1, f2 € ¢ and mp(f1)/mp(f2) € K2, there is f € cg
such that

wp(fi

< .
7TP(f2 =~ [f]lxl
Fix such f1, fo and f. For each n € N, let
Ap ={m: fi(m) < fa(m)/n}.
Then A, €U (n € N). Also, letting

A={m: fi(m) < fa(m)f(m)},

A€eU. But f(m) = 0as m — o0, s0 A\ A, is finite (n € N).

Recall that p is a P-point iff every Gs subset of SN\ NN containing p is a
neighbourhood (in SN\ N) of p. In Theorem 2.24 of Dales and Woodin
(1987) it is shown that this is equivalent to the statement that whenever
{Bn:n €N} CU, there is B € U such that B\ B, is finite (n € N).
Suppose that U is not a P-point, and fix a ‘witness’ { 4, : n € N}. By
replacing each A, with A}, = A,,, we may assume

~—

~—

m<n
A13A23"'.

By thinning down the sequence, we may further assume that each con-
tainment is proper. But now it is easy to define functions fi, f> € ¢t
such that fi(m) < fa(m)/n iff m € A, (n € N), and the argument of
the previous paragraph shows that co/U << 7p(f1)/mp(f2) € K. This
proves the claim.

Finally, we claim that there is a free ultrafilter & which is not a P-point.
For this, fix a partition { A, :n € N} of N into infinite sets, and let
F={X CN: for all but finitely many n, A, \ X is finite }. Then F is a
filter, and no ultrafilter I extending F is a P-point: Notice that N\ 4,, € F
(n € N). Suppose that X C Nis such that X \ (N\ A4,) = X N A, is finite
(n € N). Let Y =N\ X. Then 4, \Y = A, NX (ne€N),s0Y € F.
Thus, X ¢ U, and U is not a P-point, completing the proof of the claim.

Hence, letting ¢ be a free ultrafilter on N which is not a P-point, {2 and
P as defined above contradict Proposition 4.21(iii).

(An approach more topological in nature is possible. As a matter of fact, this
example is discussed in the book, see after Proposition 4.39. The construction
of the filter F follows Jech (1978), but also see the proof of Theorem 4.47.)
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81. The proof of Proposition 4.21(jii) is incorrect, of course. The following
inaccuracies and errors where detected:

Onl. 4, “K%” must be replaced with “K?D-I_”.

On 1. 6, it is false in general that each F), is a neighbourhood of zp. The
following is a counterexample: With U a free ultrafilter on N, let 2 and P be
as above, and fix a coinfinite set A € Y. Set f(o0) = g(o0) = 0 and

f(n):{ i né 4, and g(n):{ e mEA

neA, n e A.

S|=3

Then f,g € MF and 7p(f)/7p(g) € K?D-I_, but no F, is a neighbourhood
of &p = oo, for there are arbitrarily large values of m € N for which

(n41)f(m) > g(m)

(The set of m ¢ A with this property is in i/, as a matter of fact).

On 1. 7, h is not necessarily well defined, although this is not essential, as it
would suffice to replace the definition given in the book with

h(x):inf{%:xeﬁFn} (z € Q).

Then, replace (5, :n € N) with (Fy,, 14 € V), where I, D F,, D ...
and, letting ng =0, Fy = Fp,, (nj_1 < k <ny, i €N).

Finally, on 1. 10, it is not clear that “f < hg in C'(2)”, although for sure it
holds in F7. But notice that since the F, are not necessarily neighbourhoods,
the desired continuous extension h may fail to exist.

. 82 1. 5. Replace the first appearance of “C*(X)” with “C*(X, C)”.
. 83 1. -9. The hypothesis that Kp 2 R is missing.
. 85 1. 2. Replace “0; < p,(w)” with “d,; < |py(w)|”.

. 85 1. -9. In (iii), add “(If Kp % R and Mp is cofinal in K%)”. At the moment

| do not know if the result is true without extra assumptions on P or Kp.

. 87 11. 9-14. Since Proposition 4.21(iii) is false in general, what this argument

shows is that cof M, > Ny, so §(I'p) > Ry if Mp is cofinal in K%, eg., if P
is a valuation prime.

.87 1 -7. Add “and g > 0”.
. 88 1. -13. Add a reference, like: “See Gillman and Jerison (1960, 13.2)”.
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. 89 1. -10. Add “(See the remarks at the end of the Notes, page 107.)” It

seems easier just to argue directly: Since ¢ is an ideal (in ¢), ¢g/ P is an ideal
in [(P-

. 89 1. -5. Add “(Without loss of generality, d exists)”.
. 91 1. -9. Replace “U” with “V”.

. 91 1. -6. This is false in general. It is easier to check, and suffices here, that

Ag = (I%° x (eco/ V)M JU.

. 91 L. -5. It would be nice to expand “0(Kqg) = d(Kp) > ®,” into “0(Kg) =

d(Ag) =06(I®/U) = d(Kp) > Ry, by Proposition 4.21(ii)”.

.93 1 2. Add “(rg = x0)”.
. 93 1. -15. Replace “(1/n)(en o f)” with “(1/n)(e, o f)(x)”.
. 93 1. -14. Replace “¢” with “p = zp”.

. 93 1. -11. | do not see an argument for the non-modularity of () any simpler

than the following; since it appeals to the Notes at the end of the chapter,
maybe it should be included:

As in the Notes, page 107, let P = {fel™: flec)] C @} Then Pisa
prime ideal in {® and PNe = Q. If h € ¢y is such that h + Q@ is the
identity in ¢/@Q, h ¢ P and h + P is an identity in ZOO/P. Since (1) + P
is also an identity, and Z(ﬁ — (1)) C N (looking at h, (1) as functions in
C(pN)), there is n € N such that

h(P)=(2Z(f): feP}={n}).

This is impossible, as ¢yo C P.

. 94 1. -14. Replace “ZT” with “N”.

. 95 1. 17. Replace “P, C P;” with “P] C P/”.

. 97 1. -6. Replace “Q” with “Jy”.

. 99 11. 12-14. Better, set r,, = 2/3", y, = 1/3"71 so 1 = y isincluded in the

union J{ [#n,yn] : n € N } (notice 1 € K). This makes the strict inequality
Yn < 1/n false for n = 1, but it does not matter for the construction. The

same change is necessary at the other stages of the definition of the families
T

. 99 1. -9. Replace “1/n” with “a 4 1/n”.
. 101 1. 10. Replace “Z(g) = Z(h)” with “Z(g) "W = Z(h) N W” (since it is

possible that Z(h) ¢ W).



. 102 1. 8. Replace “{m € N*: I,, "W # 0} belongs to U;” with “{m €
NAHL: L, AW # 0} belongs to Uy1”.

. 102 1. -16. Add “We may assume that V; NVy = (7.
. 102 11. -7, -6. Replace each appearance of “V; N V5" with “V; N 157,

. 104. Replace both black arrowheads with white arrowheads. See the next re-
mark.

. 105 11. -22—-18. Replace “4.11” with “5.11”.

Notice this theorem requires GCH. It would be good to expand on this remark:
Theorem 5.11 of Antonovskij et al. (1981) shows (in ZFC) that there is a
hyper-real field L with |L| = 3,,. It also quotes results that, under GCH,
guarantee that any ultrapower of R has size x, where either & = ¢ (which in
this case is Ny, because of CH, but not otherwise, as stated on 1. -19), or
k = kY. 511 is not a result in ZFC, so it cannot be used to justify Fig. 4.1
on p. 104.

This being the case, it cannot be assumed any longer that “A similar argu-
ment shows that there is a field in cut prime z-ideal 7, which is not an
ultrapower”, as stated on 1. -18.

| do not know if the results, as stated, are theorems in ZFC. In fact, it is still
open whether an ultrapower of R can be of size J,,.

. 110 1. 9. After “2 £ 0,” add “(z € C)”.

. 110 1. -15. After “Theorem 1.28(ii)” add “and Hahn’s embedding theorem”.

. 110 1. -8. Recall that Proposition 1.28(i) is false. It applies in this case, though,
because Ng” = N5 under CH.

. 110 1. -2. Replace “finite” with “finite non-empty”.
. 111 1. 2. Replace both instances of “U” with “N”.

. 112 1. -18, -17. After “ordinal.” add “Let ¢* be o with the reverse order-
g, t.e., fora, B <o, set o <o+ fifand only if 6 < «a. Let 0 =" Qo
(see page 3)”.

Replace “F(0y(Q,0) = {u € Q7: ...7 with “F()(Q,0) = {u € Q7. ..”.
Without this modification, Theorem 5.9 is false; the computation of §(Ls)
may fail.

. 112 1. -14. Replace “ordinal” with “ordinal such that cf (o) = |o|”. It is not
true (even with our modification) that 6(L,) = |o|, although d(L,) = cf (o)
holds, provided that cf & is infinite (i.e., that & is a limit ordinal). Notice
that the proof invokes Proposition 1.28, but the results there only hold (in
the notation of that Proposition) for x > w.

10
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. 112 1. -9. Replace “2*” with “2% exactly as in the proof of Proposition

1.9(iv)”.

. 115 1. 3. Replace “[m;t1, miy1]” with “[m; + 1, m;41]”.

. 115 L -5. Replace “(s(1), ... s(™))” with

(58 50y, where 5¢) = 5K |[1,m;] (k€ {1,...,n}).

. 117 1. -14. After “semi-algebraic” add “continuous”.

. 118 1. 7. Replace “o € B,(0;¢), and B,(0;¢)” with “@ € S,(0;¢), and

By (z;0)”.

. 118 1. -18, -17. Since tojasiewicz inequality was stated without all the hy-

potheses required for it to hold, it must be checked that this is the case:

Fix g7 with 0 < g1 < 1,&9. Tt is easy to check that h|(0,] is contin-
uous. Since 0 < h < 1, by Benedetti and Risler (1990, Lemma 2.3.12),
lim,_ o+ h(z) = @ exists. By the Tarski-Seidenberg theorem, {(0,a)} U
h|(0, £1] is semi-algebraic. Now Theorem 5.20 applies (with &1 instead of
60).

. 119 1. 3. Replace “V” with “U”.

. 120 1. 6. Replace “U” with “U,”.

120 1. 15. Add “= Fp— g0

. 120 1. 18. Add “(By Proposition 4.36)”.

121 L -17. After “.. . a,}” add “0<d <e”.

. 122 1. -17. Replace “(R*/V)%” with “R%/V”.

. 123 1. 2. Replace “C((X))” with “C(X)”.

. 124 11. 1-5. Add CH as a general hypothesis of the theorem, and remove it

from just statement (ii). It is not clear that 5.28(i) may fail without CH, but
the proof in the book does.

. 124 1. 7. Replace “co C @7 with “cqp C Q.

. 124 1. 14. The fact that [T'g| = ¥; may fail without CH. The following is a

counterexample:

If MA + —CH holds, and P is the maximal ideal of [* above

Q={/:fle] CQY,

11
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then coi ((co/P)T \ {0}) = ¢ > Ny. Hence, I'g = ¢, because the natural
epimorphism 7pq @ ¢o/Q — co/P induces a group epimorphism mp :
FQ — FP.

This consequence of MA + —CH is also invoked in Proposition 6.25.

. 124 1. 19. Replace “a € R” with “a € R\ {0}”.
. 152 1. -9. Replace “ordinals” with “sets of ordinals”.

. 152 1. -8. Replace “o, < a” with “o, C a”.

198 1. -4. Replace “Ny” with “Ny - ¢”—again, because of the mistake in Propo-
sition 1.28(i).

. 248. Replace the black arrowheads between the classes ultrapower and cut

prime z-ideal 71, and between the classes ultrapower and hyper-real,
with gray arrowheads, thus changing “included and not equal” into “in-
cluded and consistently not equal”. As explained above, the proof on p.

105 only has been shown to work under GCH.

. 338. Replace the black arrowheads between the classes ultrapower and cut

prime z-ideal 71, and between the classes ultrapower and hyper-real,
with gray arrowheads, thus changing “included and not equal” into “in-
cluded and consistently not equal”, see the remarks above on pp. 105 and

248.

UC Berkeley// August 2000.
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